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?Mﬂ%i@ml notation and general associativity. (.Eilea‘bwg}
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et B , 4,, Ayjy.-. ba mtzt;a,lly disjoint sets. The s;sments of
B f}il}. be deaeted by x,y,”., : ths elements ot & by Zﬁ‘
usinm ths elemezzta of these se’ 8 we define words. The product
%’sQ of two mrﬁa is defined by ;zmapositiczz,

ful worde are defined meamwely as foliows. The word

wfor x€E is meaningful, I° ﬁgﬁ,..ﬁﬁg are meaninsful and
Fg‘éﬁ.ﬂ then FB ¥,. ,..Wﬁ is mawmningPul, '
The weisht p(E) is defind as follows

p(x) = -4, p(F) =a-1, oK) =2p(w)+ol6)

’Ehg 0I8m. A word W ig meaningfil if and @my if the following thres

condl %:mns holid

(4) the last letter of ¥ is iz B

(2) plw) =

(3) 1if W=UY¥, with ¥, noz-empty then p(wW,) Z 0.
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z:g @53.”,% s ‘%‘%g.uﬁﬁﬁ ere ﬁ@a&imgf‘@i and -

E’E’?é “.,?é = F%,,.ﬁ thsa W, =7,

Bow ammiize to the @&% when & is 2 subset of the sst of all

Zuncbions ef b-variables 1n E with volues in B
PR s, ,
%eﬁ we may define the walus +v(¥) of o mesnincful word W as follows
Wxj=x , (7, oW ) = Fﬁ(?iﬁ Jgeeesv(H 3}

It follows from ths mfmlm %:m.%; v(%) is a uniquely defined
elsment of E .

for 1 =1,...,2 .

let now E bs a set mﬁs an intemai lsw of composition defined
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Let the set 4, consist of ¥ slos wile s =0Oforung2. Each
nesningful word ¥ hes ther s vasive vi{®%) inE.
Ve shall say tna'b twe words 338 gimﬁar iz’f’ they ‘@%@m aqaal after
all ?va are ami‘t‘i;eé .
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 Genern thegrm. If the @gﬁ:wﬁimm lew P is

F{?{z@ },?z} iz, P @}}
then any tﬁrﬁ: gimilar mamagfm words heve the same value, ;
Proof. Define poresl words 3s follows : z 1B novmel, 12 ig
 normal then Fx¥ is mmzh Glearly every meeningful word ¥ is similap
| to a unigee pormsl word . 1t ‘i;h@%f@m suffi ces t6 prove that ¥

-

and % neve the Bame ?al%; Svopose ‘Z:aﬁ%; this 2@% heen provei

shorier words. Let ® = i, with ¥ a:a& %}, mesningful, Then ¥

1 2

nes 'i:@a sans ‘@’azaa epnd is gm;«m w V= ??,g!%, % ?’ iz & single

.\3

syrbol x ther ¥ is nozmal and ¥ = W . Therefore assums ‘?ﬁ = T,
with 1% nermal, Thes ¥ = ‘?E'xﬁ% 5 w24V is similar to ! .
% 3?% Fx’ﬁ%ﬁ?ﬁ By the oxdimecy r associebivilty ¥ ené 7! neve the
@M velue., Let ¥, be the mm? al @@z@ é%‘ miler W0 f‘?%%‘f ; then ?‘J@
nes the seme v2ive &8 ?ﬁ.ﬁ& ginge fs?ﬁ i% is @ﬁ@"‘t@r than € . Thus W
is siviler o and hes zm gane value a3 m@ ; which is & zasrmal
worl - E
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